Abstract. Let B be the group of Fç-rational points of the Borel subgroup of a connected reductive group defined over the finite field F?. It is shown that under appropriate conditions, all irreducible characters of B which have degree prime to q have Schur index one.
Let G be a connected reductive linear algebraic group defined over the finite field Fq, with corresponding Frobenius map F. We assume that G has connected centre Z and that the characteristic p is good for G. If H is a closed subgroup of G, H will denote its group of F?-rational points; for a finite group H, a complex irreducible character is p-regular if p does not divide its degree; /^(/Z) is the number of such characters. It was shown in [2] that if B is an F-stable Borel subgroup of G, then mp(B) = mp(G), verifying a special case of Alperin's conjecture for finite groups. Ohmori [3] has shown that the \Z\q' (where / is the semisimple rank of G)p-regular characters of G all have Schur index one, i.e. can be realized in their field of characters. In this note we prove the corresponding result for p-regular characters of B, viz:
Theorem. The p-regular characters of B all have Schur index one.
In the proof, we use the notation of [1] and [2] . B is the semidirect product TxU, where U is a maximal unipotent subgroup of G. Correspondingly, B = T K U, where U is a p-group and T an abelian p'-group. Proof. If Z is trivial then T = Tx X T(p), since T is a direct product of the groups ¥*., and the condition t E T(fi) is that certain components be trivial. In the general case, since the Z-span of the fundamental roots has a Frobenius-invariant complement in the character group X(T), we have T » Z X T/Z; using Lang's theorem it follows that TatZ X T/Z. Hence T(p) is Proof of the Theorem. Let x, <p be as in Proposition 1. From Corollary 2' we have Q(x) = Q(<p)-The theorem is therefore proved if x can be realized over Q(<p). But (with 9 as in Lemma 4) 9/ is a representation of B in Q(<p) = Qi'P), which contains a representation whose character is x with multiplicity one. Hence x can be realized over Q(<p). 
